The purpose of this paper is twofold. Firstly, certain common fixed point theorems are established via -contractive multivalued mappings involving pointdependent control functions as coefficients in the framework of complex valued metric spaces. Our results improve and extend several results in the existing literature. Moreover, this section is equipped by some illustrative examples in support of our results. Secondly, we point out some slip-ups in the examples of some recent papers based on multivalued contractive mappings in complex valued metric spaces. Our observations are also authenticated with the aid of some appropriate examples. Some rectifications to correct the erratic examples are also suggested. 
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PUBLIC INTEREST STATEMENT
In recent times, the notion of complex valued metric spaces is one of the developing areas in mathematical analysis. The fixed point results concerning rational contractive conditions cannot be extended in cone metric spaces, whereas in complex valued metric spaces, one can find the fixed point of mappings via rational contractive conditions. The results in this space can be utilized to find the solution of Urysohn Integral Equations., Boundary value problems and system of algebraic equations. This paper is devoted to a package of multivalued mappings with control functions, which may be useful for the researcher to find the solution for future problems specially mentioned above.
Introduction
In 2011, Azam, Fisher, and Khan (2011) introduced the notion of complex valued metric spaces and established some fixed point results for a pair of mappings for contraction condition satisfying a rational expression. This idea is intended to define rational expressions which are not meaningful in cone metric spaces and thus many such results of analysis cannot be generalized to cone metric spaces but to complex valued metric spaces.
After the establishment of complex valued metric spaces, Rouzkard and Imdad (2012) established some common fixed point theorems satisfying certain rational expressions in this spaces to generalize the result of Azam et al. (2011) . Subsequently, Sintunavarat and Kumam (2012) obtained common fixed point results by replacing the constant of contractive condition to control functions. Sitthikul and Seajung (2012) established some fixed point results by generalizing the contractive conditions in the context of complex valued metric spaces. Recently, Sintunavarat, Cho, and Kumam (2013) introduced the notion of C-Cauchy sequence and C-completeness in complex valued metric spaces and applied it to obtain the common solution of Urysohn integral equations. Very recently, Singh, Singh, Badal, and Joshi (in press) established certain fixed point theorems which generalized numerous preceding results in the setting of complex valued metric spaces. Ahmad, Klin-Eam, and Azam (2013) established the existence of common fixed point for multivalued mappings under generalized contractive condition in complex valued metric spaces. Afterward Azam, Ahmad, and Kumam (2013) and then Kutbi, Ahmad, Azam, and Al-Rawashdeh (2014) improved the contractive condition of the result of Ahmad et al. (2013) and proved some common fixed point results for multivalued mappings in complex valued metric space.
In what follows, we recall some notations and definitions that will be used in our subsequent discussion.
Let C be the set of complex numbers and z 1 , z 2 ∈ C. Define a partial order ≾ on C as follows: z 1 ≾ z 2 if and only if Re(z 1 ) ≤ Re(z 2 ) and Im(z 1 ) ≤ Im(z 2 ).
It follows that ≾ if one of the followings conditions is satisfied.
In particular, we will write z 1 ⋨ z 2 if z 1 ≠ z 2 and one of (C2), (C3), and (C4) is satisfied and z 1 ≺ z 2 if only (C4) is satisfied. Definition 1.1 (Azam et al., 2011) Let X be a non empty set. A mapping d : X × X → C is called a complex valued metric on X if the following conditions are satisfied:
In this case, we say that (X, d) is a complex valued metric space.
Then (X, d) is a complex valued metric space. Definition 1.4 (Azam et al., 2011) Suppose that (X, d) is a complex valued metric space.
(1) We say that a sequence {x n } is a Cauchy sequence if for every 0 ≺ c ∈ C there exists an integer
(2) We say that {x n } converges to an element x ∈ X if for every 0 ≺ c ∈ C there exists an integer N such that d(x n , x) ≺ c for all n ≥ N . In this case, we write Definition 1.9 ) Let (X, d) be a complex valued metric space. A multivalued map- 
Main result
We start this section with the following observation.
Proposition 2.1 Let (X, d) be a complex valued metric space and S, T : X → CB(X)
. Let x 0 ∈ X and defined the sequence {x n } by
Assume that there exists a mapping :
Proof Let x ∈ X and n = 0, 1, 2, …. Then we have
Similarly, we have
The subsequent example illustrates the preceding proposition. □
, …}.
) is a complex valued metric space. Also define multivalued mappings S and T by
Clearly, x 2n+1 ∈ Sx 2n and x 2n+2 ∈ Tx 2n+1 .
Consider a mapping :
, for all x ∈ X.
Thus Proposition 2.1 is verified.
Our main theorem runs as follows. 
, for all u ∈ Sx and ∀x ∈ X;
for all x, y ∈ X and ∈ Ψ.
Then S and T have a common fixed point.
Proof Let x 0 be an arbitrary point in X and x 1 ∈ Sx 0 . From (2.2) with x = x 0 and y = x 1 , we get
This yields that
∈ s(Sx 0 , Tx 1 ).
This implies that
for all x ∈ Sx 0 . Now since x 1 ∈ Sx 0 , one can have So there exists some x 2 ∈ Tx 1 , such that Therefore Utilizing the greatest lower bound property (g.l.b. property) of S and T, we obtain
3)
So that
Inductively, using Proposition 2.1, we can construct a sequence x n in X such that for n = 0, 1, 2, … for x 2n+1 ∈ Sx 2n and x 2n+2 ∈ Tx 2n+1 , with =
Next for m > n, we get
Thus we have Which on making m, n → ∞, yields This reflects that {x n } is a Cauchy sequence in X. Since X is complete then there exists p ∈ X such that x n → p as n → ∞.
Now, we show that p ∈ Tp and p ∈ Sp. From (2.2), with x = x 2k and y = p, we have (2.4)
This implies that
for all x ∈ Sx 2k . Since x 2k+1 ∈ Sx 2k , we have
There exists some p k ∈ Tp, such that Thus, we have Utilizing Proposition 2.1 and also using greatest lower bound property of S and T, we have
We have by triangular inequality Thus, one can obtain
So that
Which on letting k → ∞, reduces to By Lemma 1.5, we have
Since Tp is closed then p ∈ Tp.
Similarly, one can get p ∈ Sp.
Thus p ∈ Tp ∩ Sp. Therefore S and T have a common fixed point. □ Subsequent result is an easy consequence of Theorem 2.3.
Corollary 2.4 Let (X, d) be a complete complex valued metric space and S, T : X → CB(X) be multivalued mapping with g.l.b. property. Then there exist mappings 1 , 1 , 1 , 1 , 1 , 1 , 1 : X → [0, 1) such that, ∀x ∈ X, for all x, y ∈ X.
Proof Proof is immediate on choosing (t) = kt, where k ∈ (0, 1) in Theorem 2.3 with
Now, consider the following corollary.
Corollary 2.5 Let (X, d) be a complete complex valued metric space and S, T : X → CB(X) be multivalued mapping with g.l.b. property such that for all x, y ∈ X and 1 , 1 , 1 , 1 , 1 , 1 , and 1 are non negative real numbers with
Proof Proof can be obtain easily by restricting the point-dependent coefficient to constants i.e. by setting 1 (x) = 1 , 1 (x) = 1 , 1 (x) = 1 , 1 (x) = 1 , 1 (x) = 1 , 1 (x) = 1 and 1 (x) = 1 in Corollary 2.4 with 1 , 1 , 1 , 1 , 1 1 , 1 ≥ 0 such that 1 + 1 + 1 + 2 1 + 1 + 1 + 1 < 1. □
Remark 2.6
(1) If we set 1 = 1 = 1 = 1 = 0 in Corollary 2.5, we will get the Theorem 9 of Ahmad et al. (2013) .
(2) If we choose 1 = 1 = 1 = 1 = 0 in Corollary 2.5, then Theorem 15 of Ahmad et al. (2013) is obtained.
(3) Setting 1 = 1 = 0 in Corollary 2.5, one can obtain the Theorem 9 of Kutbi et al. (2014) .
Consequently all the corollaries corresponding to these results are immediate from our results.
Remark 2.7 Let (X, d) be a complex valued metric space. If C = R, then (X, d) is a metric space.
Furthermore, for S, T ∈ CB(X), H(S, T) = inf s(S, T) is the Hausdorff metric induced by d.
Utilizing aforesaid Remark 2.7, we have the following corollary from Theorem 2.3.
Corollary 2.8 Let (X, d) be a complete metric space and let S, T : X → CB(X) be multivalued mapping with g.l.b. property. Then there exist mappings , , , , , , :
, for all v ∈ Tx and ∀x ∈ X; 
